where u-\-v = n; u, v*zl in all three sums ( Y^).
PROOF. We have
when (#, 5) = 1 we have
Received by the editors April 7, 1947. 1 The first of these is proved in Hardy's Ramanujan (Cambridge, 1940) ; the second by Gupta in J. Indian Math. Soc. vol. 9 (1945) pp. 59-60 . In what follows we refer to Ramanujan's Collected papers (Cambridge, 1927) by the letters RCP. We have also proved that r(n) =<rn(ri) (mod 2 8 ) if n is odd; this result has been accepted for publication in J. London Math. Soc.
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From (1), (2), (3): 
Proof of (A).
Write, for x numerically less than unity,
00
P= 1 -242>(»)* n .
Comparing coefficients of x n and using Lemma l we have
(where u+v~n (u, v*zl) in the 2 sum),
Again, relations 4, Table III, and 2, Table II From (7') and Lemma 2 we get (6) and (8) 
s 2(n -l)<r(w) (mod 5).
From (9) and (10) we obtain 8r(n) s 43w<r 9 (w) + 15n 2 <n(n) -50rccr 3 (w) -50(w -l)<r(») (mod S 3 ).
Hence, multiplying by 47, 3. Proof of (B). We shall need the following results:
where £ is 0 or a positive integer. To prove (13) we observe that to every divisor 3m+ 1 of 3t+2, there corresponds another 3^+2 = (3*+2)/(3w + l),and
while (12) is proved still more simply. We next prove the following lemma.
LEMMA 3. If n^l(3) t we have
where (in the summation X)) u+v~n and u, v*zl.
PROOF. Since w = l(3) and u+v=n, we have the 3 cases:
so that uv(Tz{u)(Tz{v) ^0(3) in each case on account of (13). Hence the lemma is proved.
LEMMA 4. If ns 2(3), we have
PROOF. If w+fl = w, n = 2(3), we have 3 cases:
In the first two cases
while in the third case uv (Tz(u)(Tz(v) ss C3(w)o" 3 (fl) (mod 3).
Hence we have (in the sums u+v = n; u, flj^l), using (13),
since (relation 3, Table IV of RCP, p. 146)
£ cr, (iO<r,(!0 = 120 where, in the £, u+v = n (u, v^l) . We are now ready to prove (B). Comparing the coefficients of x n in (6') we obtain (12) and (13). (17) and (18) DELHI UNIVERSITY AND GOVERNMENT COLLEGE, LAHORE
